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1 Introduction

Deeply virtual Compton scattering (DVCS) and deeply virtual meson production [1-6] are
the two main processes under study in order to extract the generalized parton distributions
(GPDs), in particular at JLab and COMPASS. The near forward photoproduction of a
pair of particles with a large invariant mass is a case for a natural extension of collinear
QCD factorization theorems, which allows for complementary studies of the universality
of GPDs.! In the present paper, we extend the study of exclusive photoproduction of a
v p® pair with a large invariant mass performed by some of us [13] to the case of a y7
pair, where we limit ourselves to the production of charged pion. In both cases, two gluon
intermediate state in the hard part do not contribute. The more complicated production
of neutral pseudoscalar mesons is left for further studies.
The process we study here is thus

Y (@) + N(p1) = v(k) + 75 (px) + N'(p2) (1.1)

where (N, N’) = (p,n) for the 7+ case and (N, N’) = (n,p) for the 7~ case. In this
process, a wide angle Compton scattering subprocess v(qq) — ~m characterized by the
large scale M., (the invariant mass of the final state) factorizes from generalized parton
distributions (GPDs). One can relate this large scale M., to the large transverse momenta
transmitted to the final photon and to the final meson, the pair having an overall small
transverse momentum. This process is sensitive to the chiral-even GPDs due to the chiral-
even character of the leading twist distribution amplitude (DA) of the pion.

We believe that the experimental study of these processes should not present major
difficulties to large acceptance detectors such as those developed for the 12 GeV upgrade
of JLab. For the case of an outgoing pair of a charged pion and a photon, the experimental
analysis should be rather easy. For the case of an outgoing pair of a neutral pion and a

!The study of such processes started in refs. [7, 8] at high energy, and a similar strategy has also been
advocated in refs. [9-12].
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Figure 1. Left: factorization of the amplitude for the process v+ 7 — v + 7w at large s and fixed
angle (i.e. fixed ratio t'/s). Right: replacing one DA by a GPD leads to the factorization of the
amplitude for v + N — v+ 7 + N’ at large Mg7r .

photon, the analysis is probably more involved since one needs to deal with a set of three
photon in the final state.

Our estimated rate depends much on the magnitude of the GPDs. We will show that
the expected counting rates are very sizable for a quantitative analysis, using reasonable
models based on their relations to usual parton distributions.

The arguments for the factorization of fixed angle and large energy 2 — 2 pro-
cesses? [15] allow to write the leading twist amplitude for the process v + 7 — v + 7
as the convolution of two mesonic distribution amplitudes and a hard scattering subpro-
cess amplitude v + (¢ + q) — v + (¢ + ¢) with the meson states replaced by collinear
quark-antiquark pairs, as illustrated in figure 1 (Left). Based on the factorization of the
exclusive meson electroproduction amplitude near the forward region [16], we replace in
figure 1 (Left) the lower left meson distribution amplitude by a N — N’ GPD, and we
obtain figure 1 (Right). One should note the analogy to the timelike Compton scattering
process [17-19]:

YON = A*N' = it~ N, (1.2)

since the large lepton pair squared invariant mass Q2 plays the role of the hard scale in a
similar way as the photon-meson pair squared invariant mass for our process.

For the factorized description to apply, it is necessary to avoid the dangerous kinemati-
cal regions where a small momentum transfer is exchanged in the upper blob, namely small
t' = (k —q)? or small v’ = (p; — ¢)?, and the region where strong final state interactions
between the m meson and the nucleon are dominated by resonance effects, namely where
the invariant mass M2y, = (pr + pnv)? is not large enough.

®The absence of any pinch singularity has been proven for cases which involves at least one photon [14].



Our paper is organized as follows. In section 2, we clarify the kinematics we are
interested in and set our conventions. Section 3 is devoted to the presentation of our
model for DAs and GPDs. Then, in section 4, we describe the scattering amplitude of
the process under study in the framework of QCD factorization, with special emphasis on
the various gauge invariant classes of diagrams, which will be of importance in view of
future next-to-leading studies, and the various way of fixing the gauge for the produced
photon. In section 5 we explain the different steps allowing to pass from the amplitudes to
the cross-sections in the most efficient way in terms of CPU time. Section 6 presents our
results for the unpolarized differential cross section in the kinematics of quasi-real photon
beams at JLab where S,y ~ 6-22 GeV?, and we give estimates of expected rates at JLab.
In appendices, we describe several technical details required by analytical and numerical
aspects of our study.

2 Kinematics

We study the exclusive photoproduction of a meson 7 and a real photon on a polarized or
unpolarized proton or neutron target

V(@ &q) + N(p1, A) = (K, ) + 7(px) + N'(p2, X) , (2.1)

in the kinematical regime of large invariant mass M., of the final photon and meson
pair and small momentum transfer t = (py — p1)? between the initial and the final nucle-
ons. Roughly speaking, in this kinematics moderate to large, and approximately opposite,
transverse momenta of the final photon and meson are assumed. Our conventions are the
following. We define

o
py+p
P“Z%,A“Zpg—p’f, (2.2)

and decompose momenta in a Sudakov basis as
o' =ant +bp! +0 (2.3)

with p and n the light-cone vectors

pu:\gg(1707071)7 nu:\ég(170707_1)7 p-n=yg, (24)

and
v = (0,v",0Y,0), V2 =~ (2.5)

The particle momenta read

M? M? + A?
H— (1 Iz H H— (1 — e tolt 4 AH E—nt (2.6
py=@0+8p tsare” P ( €)p+s(1_€)n+ , ¢ =n", (26)
I 2 I
k,u:an,u_i_(pt_At/2) pu+pM_AJ_
as L 2’
P+ Ay /2)% 4+ m? AF
pﬁZomn“%—(t ;/WS) ﬂpﬂ—pi—ffa (2.7)



with M, m, the masses of the nucleon and the m meson. From these kinematical relations

it follows that . .
(Bt — 380)° | (B + 5A:)° + m3

2¢ = + (2.8)
s S
and , -
2¢6M A;
l—a—a; = + . 2.9
- a9 29
The total squared center-of-mass energy of the y-N system is
Syn=(qg+p1)*=(1+E&s+ M. (2.10)
On the nucleon side, the squared transferred momentum is
1+& -, 482M?
t=(p—p1)*=— — : 2.11
(p2 — 1) ¢t 1_¢ ( )
The other useful Mandelstam invariants read
26 M? sol+&
/ 2 2 2
. 2= M2 =2¢s(1- o ) - A2- TS 2.12
Y= (o p? = 2y = (1 2R ) - &S (212)
5 — Ay /2)?
= (g = BB (2.13)
@
5+ 81 /2)2 + (1 — ) m2
— = _(pﬂ_ _q)2 _ (pt+ t/ ) +( o )m7r ’ (214)

Qo

and

5+ Ay /2)% + m2 M? + A? 1.2
M2y —s[1-¢4 (P ) (ap+ ——2L ) = (= A ) . (215
N S( &+ 50 “ +s(1—§) Pr g (2.15)
The hard scale M,%W is the invariant squared mass of the (7 7) system. The leading twist
calculation of the hard part only involves the approximated kinematics in the generalized

Bjorken limit: neglecting A, in front of pr as well as hadronic masses, it amounts to

.
M~ I (2.16)
arrl-—a=a, (2.17)
T M%r
= N 2.18
=5 T (215)
~t'maM2, , —u~aM. (2.19)

For further details on kinematics, we refer to appendix A.

The typical cuts that one should apply are —t/, —u/ > A? and M2y, = (pr+pn')? > M3,
where A > Agcp and MR is a typical baryonic resonance mass. This amounts to cuts in
o and @ at fixed Mgﬂ, which can be translated in terms of u’ at fixed M%T and ¢t. These
conditions boil down to a safe kinematical domain (—u/)min < —t' < (= )max Which we
will discuss in more details in section 6. In the following, we will choose as independent

kinematical variables ¢, u/, MWQ7r )



As in ref. [13], we consider here the axial gauge p, e = 0 and parametrize the polar-
ization vector of the final photon in terms of its transverse components

-k
== (2.20)

while the initial photon polarization is simply written as
_ K
el =gl - (2.21)
We refer to appendix B for other gauge choices, which will be relevant for future studies

of next-to-leading corrections.

3 Non-perturbative ingredients: DAs and GPDs

In this section, we describe the way the non-perturbative quantities which enter the scat-
tering amplitude are parametrized.
3.1 Distribution amplitudes for the m meson

The chiral-even light-cone DA for the meson 7 is defined, at the leading twist 2, by the
matrix element [20]

1
(o)) 7P d(—)[0) = i frph /0 dz ==Y () (3.1)

with fr = 131 MeV. In the present paper, we will use the asymptotic 7 DA (normalized
to unity)

P (z) = 62(1 — z). (3.2)

3.2 Generalized parton distributions

In our studies, we need the p — n and n — p transition GPDs, which by isospin symmetry
are identical and related to the proton GPD by the relation

(n|ldT ulp) = (pluT dn) = (pluT ulp) — (p|dT d|p) . (3.3)

The chiral-even GPDs of a parton ¢ (here ¢ = u, d) in the proton target (A and X are the
light-cone helicities of the nucleons with the momenta p; and ps), which are defined by [2]:

Na(=2\ ~+o (Y
(p(pg,k)!q( 2) gl q(z)!p(pl,m (3.4)
1 X .
= [ o e BT ) [ (060 4 50t B8] w1, ).
-1

=
=3
g
>~
<1
/T\
NN

) 7" %q (%) Ip(p1,A)) (3.5)

1 ) _ _ 1 ~
= [ e BT i 0) [ 0,60+ AT B0 ).

(SIS



We will use a parametrization of these GPDs in terms of double distributions (DDs) [21].
We refer for details to ref. [13]. In such parametrizations, GPDs are constructed from
PDFs. In the present studies, we neglect any QCD evolution for these PDFs (we take a
fixed factorization scale p% = 10 GeV?) and we use the following models, as in ref. [13]:

e For zq(x), we rely on the GRV-98 parameterization [22], as made available from
the Durham database. Although it would be a good thing it future work to base
GPD models on more modern determinations of PDF's; let us stress that uncertain-
ties in GPD modeling comes more from the almost unconstrained profile functions,
which are convoluted with PDFs to access the ¢-dependence, than from the precise
parametrization of PDFs. Note that the effect of these PDF's uncertainties was stud-
ied in ref. [13] and shown to be tiny, in accordance to the fact that we here mainly
probe the valence region.

e For xAg(x), we rely on the GRSV-2000 parameterization [23], as made available from
the Durham database. Two scenarios are proposed in this parameterization: the
“standard”, i.e. with flavor-symmetric light sea quark and antiquark distributions,
and the “valence” scenario with a completely flavor-asymmetric light sea densities.
We use both of them in order to evaluate the order of magnitude of the theoretical
uncertainty. More recent parametrizations [24, 25] taking into account other exper-
imental data are consistent with both scenarios at the 20% level. One should note
that our construction of GDPs through double distributions with a peculiar profile
function leads to sizable differences for H"(z, &) and H%(x, £) in particular for values
of z in the ERBL region, see figure 3 in ref. [13].

4 The scattering amplitude

We now pass to the computation of the scattering amplitude of the process (2.1). When
the hard scale is large enough, it is possible to study it in the framework of collinear QCD
factorization, where the squared invariant mass of the (v, 7) system M,%Tr is taken as the
factorization scale. The 7+ meson is described as ud.

The scattering amplitude for the production of a meson 7 is gauge invariant, up to
the well known corrections of order A—\/g which have been much studied for the DVCS
case [26, 27]. We now concentrate on the structure of the hard part.

4.1 Gauge invariant decomposition of the hard amplitude

The hard part of the diagrams is described at lowest order in a by 20 Feynman diagrams.
Half of these diagrams, denoted A and B, are drawn in figure 2. The other set (C and
D diagrams) is obtained by exchanging the role of the two quarks in t—channel. This
C'—parity transformation corresponds to z <+ 1 — z and z <> —=x.

The sets of diagrams (without including charge factors) are denoted as (---). We
denote (AB)i23 the contribution of the sum of diagrams A; + As + A3 + By + By + Bs,
and (AB)y5 the contribution of the sum of diagrams A4 + As + B4 + Bs, and similarly for
(CD)12 and (CD)345.
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Figure 2. Half of the Feynman diagrams contributing to the hard amplitude.

They are separately QED gauge invariant. Indeed, the color factor factorizes, and
the discussion reduces to a pure QED one. In the block (AB)j23, the three bosons are
connected to a single quark line in all possible ways. In the block (AB)45, a photon and a
gluon are connected to each quark line in all possible ways. The same reasoning applies to
(CD)12 and (C'D)3y5 after exchanging the role of the initial and final photons.

Using the notation e; = Qqle|, by QED gauge invariance one can write any amplitude
for photon meson production as separately three gauge invariant terms, in the form

- (Q% + Q%)Msum + (Q% - Q%)Mdiﬂ. + 2Q1 QZMprod. ) (41)

where ()1 is the charge of the quark entering the DA and (s is the charge of the quark
leaving the DA, in each diagram.

Considering the parity properties of the ¢g correlators appearing in the DA and in the
GPDs, we separate the contributions for parity (+), denoted as S and parity (—), denoted
as P. Only two structures occur in the hard part, namely PP (two 7 matrices) and SP
(one °).

Now, a close inspection of the C'—parity transformation which relates the two sets
of 10 diagrams gives the following results. In the case of m production, for the vector
contribution, the sum of diagrams reads

= QI[(AB)123]sp ® f + Q1Q2[(AB)us)sp ® f — Q%[(AB)lzz]Eg? ® f
~QuQ:[(AB)ss)Sp @ f (4.2)

while for the axial contribution one gets

= QI(AB)123]pp @ f + Q1Q2[(AB)ss)pp @ f + Q%[(AB)H?)]&:CIQ ®f
+Q1Q2[(AB)45]§DCJQ ®f. (4.3)

The symbol ® means the integration over x (the integration over z for the pion DA is im-
plicit and is not important here since the DA is symmetric over z <> 1 —z). We now denote



f a GPD of the set H, E appearing in the decomposition of the vector correlator (3.4), and
f a GPD of the set H, E appearing in the decomposition of the axial correlator (3.5).

Let us introduce a few convenient notations. A superscript s (resp. a) refers to the
symmetric (resp. antisymmetric) in 2z — —x part of the hard part and of the GPD, i.e.

1

fa) =5 (f(@) + f(=2)) + %(f(ﬂf) = f(=x)) = f*(x) + f*(2). (4.4)

This thus leads to

MY = (QF + Q3) [(AB)123]4p ® £+ (QF — Q3) [(AB)123]%p ® f°
+20Q1 Q2 [(AB)45]5p @ f° (4.5)

and for the axial GPD contribution, i.e. PP:

M = (Q} + Q3) [(AB)12s)5pp @ f* + (QF — Q3) [(AB)123]%p @ [°
+2Q1 Q2 [(AB)ss5]pp ® f*, (4.6)

with Q1 = Q, and Q2 = Q4 for a 7%, and Q1 = Q4 and Q2 = Q,, for a 7.

Note that this separation in QED gauge invariant blocks is somewhat simplified in
the case of quarks of equal charges (7% or p" production), since the decompositions (4.5)
and (4.6) then only involve the sum of the separately gauge invariant parts (AB)123 and
(AB)4s5 (and their C-parity transforms). In the example of p° = %(uﬂ — dd) production,
the amplitude is obtained by doing the simplification Q1 = @2 = @ and exchanging the
role of f and f. The axial GPD contribution then reads

M = —= {202 (AB)slSp + [(AB)wsl3e) o

203 ((ABhsltp + [(AB)slip) @ fa}, (A7)

while the vector GPD contribution is

MY = = (202 (AB sl + [(ABslor) ©
—2Q7 ([(AB)123]pp + [(AB)as)pp) ® fi} (4.8)

in accordance to the structure obtained in ref. [13].

One should note that contrarily to the case of p’ meson production [13], which is
C(—), therefore fixing a C'(—) exchange in t—channel, 7+ production (and similarly for
7~ ) involves both C-parities in ¢—channel, which explains why both symmetrical and
antisymmetrical parts of the GPDs are involved in egs. (4.5), (4.6).

4.2 Tensor structure

For convenience, we now define the unintegrated over x and z amplitude T} through

1 1
M (¢, M,?W,pT) = / dx/ dzTr(t, M,%W,pT,x,z). (4.9)
-1 Jo



We introduce the common normalization coeflicient

4
Cr = z§ Fr Qe Qs T2 (4.10)

Note that we include the charge factors ), and 4 inside the hard matrix element, using
the decompositions obtained in egs. (4.5), (4.6).
For the PP sector, two tensor structures appear, namely

TA = (5ql ’ €ZJ_)>

Tp = (g1 -p1L)(PL - Ef1)- (4.11)
Similarly, for the SP sector, the two following structures appear

* npe
Tay = (po-epy)e PPty

Tp, = —(p1 -€q1) €"PoRLPL, (4.12)

4.3 Explicit computation of one diagram

As an example, we now discuss the contribution of diagram B; to the scattering amplitude
in some details.

The scattering amplitudes for 7% described by the DA (3.1) involve both the vector
GPDs (3.4) and the axial GPDs (3.5). We now give the detailed expressions for T, [Bi],
T? ,[B1], for a quark with flavor ¢ (the fact that a transition GPD is involved will be taken
into account later) and for the diagram Bj in Feynman gauge. The vector amplitude reads

T2, [B1] = TP [By]

1 ata ,I; Aﬂ
= L 1) (ieQu)? (ig)? (i) x trp | et
q+@+8&p . 1 ]
G+ @+p)2+ie P Gp,+ (w—O)p)2 +ie
<2l X) [RH (06,00 + 5000 B0 €.0) ulpn, ) (4.13)

= Cr tr% [B1] ¢(2)

VN )

a, ) [ HO(2.6.0) + 510 B B9, )] (1.,

which includes all non trivial factors (vertices as well as quark and gluon propagators) of
the hard part of diagram Bj.
The trace reads:

t?”g [Bl] =1trp ﬁw’yg)észyM
i+@+p . . 1
(a+ @+Op) +ie " Gp+ (2 = Op)Ptie
8 [a (EqL - Dri) TPt kL — (o + 2zay) (61, - Pri)ePmPrL aql]
T aar ((k+ 2pa)? +i€)((q+ (x4 &p)2 +ie) ((Zpr + (x — E)p)? + ic)
—41 [— (a + 2072’) TA5 — aTBs]

T aa2s%2z (v —E+ie) (T E+ie) (4.14)




Similarly one can write in the axial sector:
T, [B1] = T2"7[B)]
1 tr(te)
S i (AN

k+ zpx
Fr 6(2) (—ie@1)? (—ig)? @ (—i)trp [m%zw;f)iww

g+ (z+&p 1 ]
TR S Ererw ey w o
- AL -
% <p27 )‘ ) |:’75 n Hq(.%‘, €7 t) - 72775 Eq(xa €7 t):| u(ply )‘) (415)
= C1CE 1 [By] 6(2) 2 a(p. X) [75 (1)~ D Eq(:r,f,t)] u(pr. ).
with
k4 2pr
t’l"g [Bl] = t?“D |:]3ﬂ’75éz(k_'_z—;:)p2+iefyﬂ
g+ (x+&p }
@+ (@ +Op)2 +ic ! ”“<zm+< 2 e
_ 8s [_Sga (5qJ- ’ EZJ_) + 2 a (EqJ_ 'p7rJ_ 5kJ_ p7rJ_ ]
(k4 2pn)? +ie) (g + (2 + p)? +ie)((Zpx + (& — E)p)? +ie)

B 4 [—azﬁsTA + zTB]
 aaés?zz (z — € +ie) (z + € +ie)
For any diagram, one can now calculate its contribution to M. The integral with

(4.16)

respect to z is trivially performed in the case of a DA expanded in the basis of Gegenbauer
polynomials. The expressions for the case of an asymptotic DA, which we only consider in
the present article, are given explicitly in appendix D, and expressed as linear combination
of building blocks.

The integration with respect to x, for a given set of GPDs, (which can be our model
described in section 3 or any other model), is then reduced to the numerical evaluation of
these building block integrals.

5 From amplitudes to unpolarized differential cross sections

The scattering amplitude of the process (2.1), in the factorized form, is expressed in terms
of form factors Hy, Ex, Hr, Er, analogous to Compton form factors in DVCS, and reads

My = Sl X6+ 60+ (€0 T £l o, ),
(5.1)
5.1 From amplitudes to cross sections
We isolate the tensor structures of the form factors as?
Ha(§:t) = Haas (§,1)Tas + Haps (1) Tps (5.2)
He(€,t) = Hua(§,)Ta + Hep (€, 0)Th . (5.3)

30ne should note the fact that the role of T4 and T 45 (resp. T's and Tg,) have been exchanged with
respect to the case of yp” production, see eqs. (5.13) and (5.14) of ref. [13]. This is due to the additional
~® structure appearing in the hard part, which can be traced through Fierz transform to the presence of a
4° in the matrix element (3.1).

,10,



These coefficients can be expressed in terms of the sum over diagrams of the integral of
the product of their traces, of GPDs and DAs, as defined and given explicitly in appendix D.
We introduce dimensionless coefficients N and N as follows:

1
,HT(‘A{, = ?CWNWA;) ) (54)
1
HTI’B5 = gcﬂ’Nﬂ'Bg) ) (55)
and
~ 1 ~
HﬂA = gCﬂ'Nﬂ’A7 (56)
- 1 -
HTI’B - ?CTI'NTFB . (57)

In order to emphasize the gauge invariant structure and to organize the numerical study,
we factorize out the charge coefficients, and put an explicit index ¢ for the flavor of the
quark GPDs f? and f9. In accordance with the decompositions (4.5) and (4.6) we thus
introduce

N2, (Q1,Q2) (5:8)
=(QF + Q%)NZE)[(AB)I%]S +(QF — Q%)NZS[(AB)H:»,]“ +2Q1 Q2 NY_ [(AB)as]°,
B, (Q1,Q2) (5.9)
=(QF + Q%)N%5[(AB)123]3 +(QF - Q%)N%E)[(AB)HB]Q +2Q1 Q2 Nj_[(AB)45]°,
and
NZ,(Q1,Q2) (5.10)
= (QF + @3)Nil(AB)123]* + (QF — Q3)NA[(AB)123]° + 2Q1 Q2 N [(AB) 45",
Vi5(Q1, Q) (5.11)

= (QF + Q3)NE[(AB)123]" + (QF — Q3)NE[(AB)123]° + 2Q1 Q2 Nj[(AB) 5]

For the specific case of our two processes, namely y7 ™ production on a proton and ~ym~
production on a neutron, taking into account the structure (3.3) of the transition GPDs
structure we thus need to compute the coefficients

N7r+A5 = N;rLA5 (Q’IM Qd) 7-rA5 (qu Qd) (512)
N+, = N'g(Qu, Qa) — N (Qu, Qa) . (5.13)
and
N7r*A5 7rA5(Qd7Qu) 7rA5 (deQu) ) (514)
Ny-p, = N'5.(Qa, Qu) — N (Qa, Qu) (5.15)
as well as
Npta = N2A(Qu, Qa) — N4 (Qu. Qu) (5.16)
Netp = N'5(Qu, Qa) — Nip(Qu, Qa) (5.17)
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and
Nea = N4 (Qa,Qu) — N2, (Qu, Qu) (5.18)
Ny p = N'5(Qa Qu) — N5(Qu, Qu) - (5.19)

Therefore, for each flavor u and d, knowing (for two given GPDs f and f , in practice H
and H, see next subsection) the 12 numerical coefficients

N, [(AB) 123, A5 [(AB)123])", N, [(AB)ss)*,
NE [(AB)123]", BJ@4B)uﬂaa NE [(AB)ss]*,
N4[(AB)123)°, N4[(AB)123]%, N4l(AB)ss)",
NE(AB)12s)%, NE(AB)123)”, NE[(AB)4s5)°, (5.20)

one can reconstruct the scattering amplitudes of the two processes. The expansions of
these 12 coefficients in terms of 5 building block integrals are given in appendix D.2.

In this paper, we are interested in the unpolarized cross section. As a result, we
will need the squared form factors after summation/average over all the polarizations (of
outgoing v and of incoming ~):

He(S )12 = Y Hal6ot, My M) H(E ks Ag) (5.21)
Ak Ag
= 2Fa(, DI +pi|ﬁ3<s,t>\2 + ph [Ha& R0 + HA(E DR )]
Ha (012 = D HE Ay Ag) HE (€8, Ak Ag) (5.22)
AkAq

= 5 pJ‘ (|’HA5(§, )| + |H35(€at)’2) :

5.2 Square of ./\/17r

In the forward limit A} = 0 = P, one can show that the square of M, reads after
summing over nucleon helicities:

MM =" Ma(AX) MEA, ) (5.23)
A

= 8(1— ) (H(EDHHE D) + Ha(&DHED))
48 (Ex(& DENED) + E(&, DE )
82 (Hal(&, ER(ED) + Hal€ DER(E, 1) + Fal&, OER(E 1) + HHEDERED) )
For moderately small values of £, this becomes:

MMy = 8 (Ha(€, ) Ha(6,8) + Fa(&, ) HR(ED) ) (5.24)

Hence we will restrict ourselves to the GPDs H, H to perform our estimates of the

cross section.?

“In practice, we keep the first line in the r.h.s. of eq. (5.23).
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5.3 Cross-section

We now define the averaged amplitude squared | M|?, which includes the factor 1/4 coming
from the averaging over the polarizations of the initial particles.
Using the expressions of the two previous subsections, and collecting all prefactors,

which read 1 .
5*28(1 - 52)07%? ; (5.25)
we have the net result, for the photoproduction of a 7y pair,
w72 _ 2 2\ 2 S A R PNNE:
Mof? = 50- 02 {2]Foa + 2% R (5.26)

P e ri 2 Pl 2
+? (NWAN;B+C‘C'> +@’NNA5| +@‘NW35’ }

Here 7 is either a nt or a 7, and the corresponding coefficients N, + 4, N+ g, Nr+ 4,
Nyip., and Ny 4, Ny, Ny 4., Ny, are given by egs. (5.16), (5.17), (5.12), (5.13) and
egs. (5.18), (5.19), (5.14), (5.15) respectively.

The differential cross section as a function of ¢, M?_, —u’ then reads

7
d M, |?
dtd ’2M2 ~ 3252 M2| om)3 (5.27)
|y, M)

6 Results

6.1 Numerical evaluation of the scattering amplitudes and cross sections

Above, we have reduced the calculation of the cross sections, see eq. (5.27), to the numerical
evaluation of the coefficients (5.20). For each GPD and each flavor u or d, they are expressed
as linear combinations of 5 numerical integrals, listed in appendix D.

Our central set of curves, displayed below, is obtained for S,n = 20 GeV2. For this
value of S, the invariant mass M727r varies from 1.52 GeV 2 up to 9.47 GeV ? (the cross-
section vanishes at these two end points, due to the vanishing of the phase-space in —t, as
shown in appendix E). We therefore vary M,%,r from 1.6 GeV 2 up to 9.4 GeV 2, with a step
of 0.1 GeV 2, in order to have a full coverage of M%r for the case S,y = 20 GeV 2,

For each of these MVQ7r values:

e we calculate, for each of the above types of GPDs (in the present paper H and fI),

sets of u and d quarks GPDs indexed by sz i.e. ultimately by & given by

T
2
M2,

&= 2(S,n — M2) — M2, (6.1)

The GPDs are computed as tables of 1000 values for x ranging from —1 to 1.

e we compute the building block integral I, which does not depend on —u/.
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Figure 3. Left: differential cross section for the production of a photon and a =+ meson on a
proton target. Right: differential cross section for the production of a photon and a 7~ meson on
a neutron target. Both cross-sections are at Mgﬂ =4 GeV?, S,N = 20 GeV?, —t = (—t)min as a
function of —u/. In black the full result, in blue the contributions of the u quark GPDs H,, and H,,
only, and in green the contributions the contributions of the u quark GPDs Hy and Hy only. Solid:
“valence” model, dotted: “standard” model.

e we chose 100 values of —u/, linearly varying from (—u/)mm = 1 GeV? up to
(=t )mazMaz as defined by eq. (E.5).

e we compute, for each GPD and each flavor v and d, the remaining 4 building block
integrals Iy, I., Iy, I;.

e this gives for each of these couples of values of (M,fﬂ, —u’,), and each flavor a set of
12 coefficients listed in egs. (5.20).

e one can then get the desired cross-sections using egs. (5.26) and (5.27).

6.2 Fully differential cross sections

We now present our results for the differential cross-sections, showing in parallel the v
(proton target) and y7~ (neutron target) cases.

We first analyze the various contributions to the differential cross section in the specific
kinematics: Mﬂ% = 4GeV?, Syn = 20 GeV?, —t = (—t)min as a function of —u/. The
dependency with respect to S,y will be discussed in section 6.4.

In figure 3, we show the relative contributions of the u— and d—quark GPDs (adding
the vector and axial contributions), which interfere in a destructive way because of the
flavor structure of the transition GPD.

From this figure 3, one should note that our obtained predictions for the differential
cross-sections for the production of a vz ™ pair on a proton target and for the production of
a ym~ pair on a neutron target are different. Indeed, contrary to a naive expectation, there
is no simple relation between these two processes, since electromagnetic processes do not
preserve isospin symmetry. Contrarily to the two processes yr+ — yw™ and ynr~ — y7—
which are obviously C'—conjugated, and thus have identical cross-sections, in our present
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Figure 4. Left: differential cross section for the production of a photon and a 7+ meson on a
proton target. Right: differential cross section for the production of a photon and a 7~ meson on
a neutron target. Both cross-sections are at M2, =4 GeV?, S N =20 GeV?, —t = (—t)min as a
function of —u/. In black the contributions of both vector and axial GPD, in blue the contribution
of the vector GPD, and in green the contribution of the axial GPD. Solid: “valence” model, dotted:
“standard” model. There is no interference between the vector and axial amplitudes.

7 fopumn ) Ao~ )
— (pb - GeV~9) — (pb- GeV~6)
- P e p
dM?_,d(—u')d(—t) o dM?2__d(—u')d(~t) o
30
[ 30
25 ¢ 25
20 ’ 20F
150 150

4 5
—u' (GeV?) —u' (GeV?)

Figure 5. Left: differential cross section for a photon and a 7+ meson production, for a proton
target. Right: differential cross section for a photon and a 7~ meson production, for a neutron
target. Both are displayed as function of —u’, for Mgﬂ =3,4,5,6 GeV? (resp. in black, red, blue,
green, from top to down). Solid: “valence” model, dotted: “standard” model.

case, the t—channel exchange is more involved. Indeed it can be interpreted as a meson
exchange only in the Efremov Radyushkin Brodsky Lepage [28-30] region —¢ < z < &.
Technically, our processes both mix C'(+) and C(—) sectors, as shown in subsection 4.1.
A similar situation also occurs in the case of electroproduction of p™ or p~ meson, as
discussed in ref. [31].

In figure 4, we show the relative contributions of the GPDs H and H involving vector
and axial correlators. This demonstrates the extreme sensitivity of the differential cross-
sections to the axial GPD ﬁu—ﬁd. In the valence scenario the contributions of H,— H,; and
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H, — Hy, have the same order of magnitude, while in the standard scenario, there is a clear
dominance of H, — Hy. This is in contradistinction with the case of vp° production [13]
where the contribution of vector GPDs clearly dominates. The difference originates from
the pseudo scalar nature of the pion.

We investigated the effect of changing the ansitze for the PDFs ¢, and thus for the
GPDs H* and H? in ref. [13]. This effect was shown to be moderate, and we do not repeat
this study here.

Figure 5 shows the dependence on Mgﬂ. The production of the y7 pair with a large
value of M,%W is severely suppressed as anticipated. Note that the —u’ range allowed by our
kinematical requirements is narrower for smaller values of Mgw. The two curves for each
value of M%T correspond to the two parameterizations of H (z,&,t), the lines corresponding
to the unbroken sea scenario lying much above the other one.

6.3 Single differential cross sections

We now study the single differential cross section with respect to Mfﬂ by integrating over
v’ and t. We make a simplistic ansatz for the t—dependency of the cross-section, namely
a factorized dipole form

CQ
Frpt) = —= 6.2
with C' = 0.71 GeV2. The single differential cross section then reads
do- /(—t)max (—u/)max 9 do-
o d(—t) / (=) F2(1) x — 7 o (63)
dM’%ﬂ' (_t)min (_u/)mill dt du/dM%ﬂ’ 7t:(*t)min

We summarize the behavior of the domain of integration over v’ and ¢ when varying ]\4727T
in appendix E.

6.4 Integrated cross sections and variation with respect to SN

For the value S,n = 20 GeV?, the integration over M727r of our above results within our
allowed kinematical region, here 1.52 GeV? < Mgﬂ < 9.47 GeV? (see appendix E), allows
to obtain the cross sections 1.2 pb < Uﬁrfton < 6.8 pb and 3.3 pb < 2" < 7.1 pbh.

The variation with respect to S,y could be obtained by following the whole chain of
steps described above. However, as explain in detail in ref. [13], this can be obtained almost
directly from the only knowledge of the set of numerical results computed for a given value
of Syn, which we take in practice as S,y = 20 GeV?, for any arbitrary smaller values of

Syn. We summarize the idea:
e we start from our set of results obtained for S,y = 20 GeV?, indexed by MA%W and —u/'.

e for any chosen new value of S'A, N, we obtain a set of values of MWQW indexed by the set
of values of Mﬂ% (which vary from 1.6 up to 9.4 GeV?, with a 0.1 GeV? step), through
the relation

- Son — M?

M2 =M}

YT y S’yN M2 (64)
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Figure 6. Left: differential cross section do/ dMir+ for the production of a photon and a 7+ meson
on a proton target. Right: differential cross section do/ deTr, for the production of a photon and
a 7~ meson on a neutron target. The values of S,y vary in the set 8, 10, 12, 14, 16, 18, 20
GeV2. (from 8: left, brown to 20: right, blue), covering the JLab energy range. We use here the
“valence” (solid) and the “standard“ (dotted) scenarios.

and for each of these ]\Zf,fﬂ a set of values of —@’, using the relation

2
M2
o 2

M2,

~/

(—u), (6.5)

which gives the indexation of allowed values of —@’ as function of known values
of (—u).

As shown in ref. [13], this mapping from a given S,y to a lower 5’71\; provides a set of
(Mg,r, —') which exhausts the required domain. This mapping avoids the use of a very
large amount of CPU time.

In figure 6 we show the differential cross section do/ dM%7r for various values of Sy
covering the JLab-12 energy range. These cross sections show a maximum around Mfﬂ ~
2.5 GeV?, for most energy values. Their shapes are very similar, the only noticeable
difference between the 7 and the 7~ case being the maximum value of the differential

cross-section, which is higher in the 7~ case.

The cross sections integrated over Mgﬂ from M? ~ 1.52 GeV?, see eq. (E.3), up to

ymerit —
M’%TK‘M&X’ see eq. (E.8), are shown in figure 7 for both the proton and neutron target, and
for both parameterization of the axial GPDs.> As for p® photoproduction, our predicted
cross sections prove that the present process of photoproduction of a ynt or y7+ pair
is measurable in the typical kinematical conditions and integrated luminosity of a JLab

experiment.

®As in ref. [13] a quadratic extrapolation is performed for the small domain above S,y = 20 GeV>.
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Figure 7. Left: integrated cross section for the production of a large mass yw+ pair on a proton
target. Right: integrated cross section for the production of a large mass vy~ pair on a neutron
target. The solid red curves correspond to the “valence” scenario while the dotted blue curves
correspond to the “standard” one.

6.5 Counting rates

Counting rates in electron mode can be obtained using the Weizsacker-Williams distribu-
tion. This distribution is given by [32, 33]

, (6.6)

T

2 —x
Qem f o o 1 11—z ((1—3;)2"‘1)1“%
- [ (1=

T 2.2
max mex

where x is the fraction of energy lost by the incoming electron, m, is the electron mass
and Q2. is the typical maximal value of the virtuality of the echanged photon, which we
take to be 0.1 GeV2. We note that this distribution can be safely used based on a careful
study of the scattering amplitude for the process v*(Q?)N — ynTN’. This shows that in
the limit Q% — 0, transversally polarized photons dominate and there is no appearance of
any collinear singularity in this limit, which in principle could change the structure of the
small Q? integration region [34], since in our process the quark propagators connected to
the initial photon have a virtuality of the order of p%_ ~ szw (this statement is valid for
both p and 7 production).
Using the expression for z as a function of the incoming electron energy F.
SN — M?
2E.M

it is now easy to obtain integrated cross sections at the level of the eN process, using the

2[S,n] = (6.7)

relation

S’yN max 1

ox = [ @y = [ e IS f@lS ) dS . (63)
S'yN crit €
with Sy Nerit o~ 4.75 GeV?, see appendix E.1 and Sy Nmax =~ 21.5 GeV? (with E, = 11 GeV?),

the value of S,y for which f vanishes, i.e. [S,n] ~ 1 leading from eq. (6.7) to SyNmax
2E.M + M?2.
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Figure 8. Shape of the integrand of o.x, as a function of the invariant mass of the hadronic pro-
duced state, on a proton target. Left: ym production on a proton target. Right: y7~ production
on a neutron target. In solid-red: “valence”. In dotted-blue: “standard”.

We show the shape of the integrand

F(Syw) = oyn (z[Syn]) f(2[Syn]) (6.9)

1
2E.M
of eq. (6.8) in figure 8.

In the case of a lepton beam, one should also consider Bethe-Heitler-type processes,
in which the final real photon is emitted by the lepton beam. As discussed in ref. [13],
such a Bethe-Heitler contribution is suppressed with respect to the production mechanism
studied here.

The angular coverage of the final state particles is in principle a potential experimental
issue. We discuss in detail the angular distribution of the outgoing photon, which might
evade detection, in appendix F, taking the constraints of JLab Hall B and showing that
this does not affect our predictions.

Finally, let us add a word of caution with to respect to the kinematical domain where
7N’ may enter the resonance region. A careful study of the allowed phase space shows
that M2y, (2.15) is minimal when —u’ ~ (—=u/)maxMax and M2, ~ M
value increases with S,y. To ensure that our formalism applies, one should integrate out

- Max- This minimal
this domain, i.e. remove the domain of low M,y/ by a suitable final state cut before
confronting the data to our formalism. This will be needed when precise experimental
conditions are known.

We can now give our predictions for the counting rates. With an expected luminosity
L = 100 pb~'s™! we obtain for 100 days of run: between 1.3 10% (valence scenario) and
8.0 10* 47t pairs (standard scenario), and between 4.4 10* (valence scenario) and 8.9 10%
~7~ pairs (standard scenario) in the kinematical domain discussed earlier.

7 Conclusion

We studied the process YN — 7= N’ in the generalized Bjorken kinematics where GPD
factorization is expected to hold in a collinear QCD approach. We restricted our analysis
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to unpolarized cross sections, which turn out to be large enough for the process to be
analyzed in a quite detailed way by near-future experiments at JLab with photon beams
originating from the 12 GeV electron beam.

This process is insensitive to gluon GPDs in contrast with the photoproduction of a
470 pair which we leave for future studies. Our analysis has shown the dominance of the
axial generalized parton distribution combination H, — Hy which is up to now not much
constrained by any experimental data. Using two different reasonable ansitze based on two
proposed parametrizations of polarized PDF's, we found differences by a factor of 2 to 5 in
the cross-sections, see figure 6. Recent lattice studies [35] (compare first column of table IT
of ref. [35] with numbers provided in equations (2.7) and (3.10) of ref. [23]), seem to favor
the standard scenario which gives the larger cross section. The amplitude has very specific
properties which should be very useful for future GPDs extractions programs e.g. [36].

A NLO calculation should first confirm the validity of the factorization hypothesis for
this process, in the sense of absence of infrared and end-point singularities, and estimate
the effects on the amplitude. Such a next to leading order computation is under study, in
the spirit of refs. [37, 38] in the v+ channel. Let us stress that, contrary to the DVCS (and
TCS) case [19, 39], the process studied here does not involve any gluonic contributions.

A similar study could be performed in the Compass experiment at CERN where S,y ~
200 GeV? and at LHC in ultraperipheral collisions [40], as discussed for the timelike Comp-
ton scattering process [41]. This also applies to future electron proton collider projects like
EIC [42] and LHeC [43].

Phenomenologically, in contrast with the p meson, the asymptotic form of the pion DA
which we have used in the present article is disputed, and quite different descriptions have
been proposed. They lead to a rather universal form which was first suggested in ref. [44]
and then uncovered in AdS/QCD holographic correspondence [45] as well as in dynamical
chiral symmetry breaking on the light-front, see [46] and references therein. With a very
good precision, it reads

bn(2) = >\ /2(1=2). (7.1)

s

We leave detailed studies of the impact of such types of DA for future work.

Recent 7 electroproduction experimental data have questioned the dominance of the
twist 2 contribution at moderate Q?. The problem of collinear factorization at the twist
3 level is not yet fully understood. Despite several successful attempts to include consis-
tently such effects in exclusive amplitudes [47-50], the existing model for explaining pion
electroproduction data go beyond standard collinear factorization [51, 52]. Although one
may expect sizable contributions to our present process due to the twist 3 pion DA, we are
lacking a consistent framework to study this contribution.

As a final remark, let us stress that our study may be extended to the case of electro-
production of a photon meson pair where a moderate virtuality of the initial photon may
help to access the perturbative domain with a lower value of the hard scale M.,.
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A Some details on kinematics
In this section we give further useful expressions for kinematics.

A.1 Exact kinematics

Combining egs. (2.11) and (2.12) one gets

26M? 462 M7
M? —t=2¢s(1— = 2s. Al
=2 (1o 0y ) + T = (A1)
From eq. (2.10), we obtain
_ SyN — M? (A.2)
= ,

so that we finally have

r= 1" = (A.3)

and thus

£ = . (A.4)

A.2 Exact kinematics for A; =0

In the case A| = 0, we now provide the exact formulas in order to get the set of parameters
$,&, a, i, 2, (—t)min as functions of Mo, Sy, —u'. We refer to appendix C of ref. [13] for
details. Each formula of that paper is valid here after the replacement m, — m..
Introducing the notations
_ M?

M?2=_—_"" A.
Sny _ M2 ( 5)
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and

v M
M2 = _— T A6
one gets
1+ \/1 + M2, (M2, — 2 — 4012)
&= M2 —2— AN (A7)
YT
and
1= M2,(14282) = 1+ M2 (N2, — 2 - 4012) )
(=) min = (Syny — M%), (A.8)

Computing £ through eq. (A.7) and then s through eq. (A.2), one can get « using

1 , 28 M? r2
_ = - ) A.
- G e )
The value of «, is then obtained using
26 M?
r=1l—a—-—. Al
° =) (4.10)
Finally, p7 is computed from
P2 = —m2 + a(m2 —u). (A.11)

A.3 Approximated kinematics in the Bjorken limit

In the collinear limit, which we use for the hard part of the process, Mw and S,y are
parametrically large, and s is of the order of S, . Neglecting 5?, m2, t and M? in front of
s, (except in the definition of 7 where we keep as usual M? in the denominator of eq. (A.3)),
we thus have

bt

M2~ 2s o (A.12)
ar~l-—a=a, (A.13)
- a2,
$=5=7 "Fgy-are (A-14)
—t' ~aM? , —umaM?. (A.15)
The skewedness & thus reads
M2
3 il (A.16)

© 28,y —2M? — M2,

and the parameter s is given, using eq. (A.2), by

s=8,n— M- T, (A.17)
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B Electromagnetic gauge invariance

We here discuss the gauge choice for the photon polarization vectors.

A first natural choice, which we also implemented in ref. [13] and use in the present
article, is to consider the axial gauge p, e# = 0 and parametrize the polarization vector of
the final photon in terms of its transverse components

&
gt — ShL L (B.1)

while the initial photon polarization is simply written as

_ K
55 =&, - (B.2)

A second choice, which will be particularly useful when computing loop corrections,
is to use two different gauges for the incoming and outgoing photon to keep a symmetry
between them, i.e.

k-e, =0, (B.3)
in which
52“:5;’12521 (B.5)
and
/
’H:’#_EkL'kJ-u B.6
€ = €L pewaLE (B.6)

One should note that as expected, 5%‘ and é‘Z differ by a vector proportional to k, namely

(AR o

. / .
The expansion of £/ in Sudakov components reads

w o, (e -k1)(p-n) g Gkl ki, B
= .8
€ =&, + (n-k)(p- k) 1+ " (B.8)

so that the gauge rotation between the two Sudakov transverse components reads

(exL -k1)(p-n) i

B (B.9)

e _p
€l =€k T

For €, and 5{2 the two transverse components are of course identical since by gauge trans-
formation these two polarization vectors can only differ by a term proportional to ¢ = n,
in accordance to egs. (B.2) and (B.5).
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€(k2), k2 P
Figure 9. Generic y(ky)y(k2) = M(Py) M(P,) meson production.

C General structure of the amplitude

Let us consider the generic photoproduction process
V(k1)v(k2) — M(P1)M(P,) (C.1)

of two mesons M (Py) and M (P,) with outgoing massless momenta of all particles (k3 =
0=k3, P2 =0= P3), see figure 9.

Within the collinear factorisation approach the hard coefficient function of chiral even
operators involves two types of terms: a trace over Dirac matrices without any 7° matrix,
denoted by €, (k1)e, (k2)ML”, and a trace over Dirac matrices with one 7° matrix, denoted
by €,(k1)e, (ko) MY, with polarisation vectors €’s satisfying the usual orthogonality condi-
tions €(k1) : -k1 = 0 = e(k2) - k2 . Due to the momentum conservation ki + ko + Py + P, = 0
we choose as independent momenta k1, ko and P;. It is useful to derive the general structure
of tensors M{}V and M"" consistent with the Ward identities:

ke (ko) MUY =0 = €, (k1) kay MY (C.2)
and

k1pen (ko) MY =0 = €, (k1) ko MY". (C.3)
C.1 The general structure of tensor M"j”

C.1.1 Decomposition of the amplitude in arbitrary gauge

In terms of the metric tensor g and independent vectors k1, ko and Pj, due to the orthog-
onality conditions the general tensorial structure of M"}” can be written as

e (k)€ (ko) ML (C.4)

= culk)ew (k) [ MY + KREMY) + PEPYME) + Ky PEMEY + KPYMY |

where M‘(/i) are scalar functions constructed from independent vectors. The gauge invariant
conditions (C.2) i.e. Ward identities lead to the following relations
MO kg kMY 4k MY =0, by PMP k- kMY =0, (C5)
MO kg koMP +ky MY =0, k- PAMP +ky koM =0 (C.6)
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equivalently written as

@ _ Pk, @ _ Pika 2
MV - k;]_ . k2 MV ’ MV - kl K k2 MV ’ (C?)
ki- Py ko P,
MO 4 kg kD - PR B 2) (C.8)
ky - ko
MP + MY = M (C.9)

One should note that only 3 of the above 4 equations are independent, so that among the 5
scalar functions M‘(,Z), 2 scalar functions are independent. Eq. (C.7) permits us to express

the functions M‘(/g) and M‘(/4) in terms of the function M‘(/?), which leads to the expression

en(kr)ey (ko) MY = (C.10)

v v v v Py -k I/P -k
eu(k)en (k2) [9“ M\(/O) "‘klkgM\(/l) + <P1MP1 — kP! k:ll : kj — kY Py kll : k;) M\(/2)]

subject to the condition (C.8).
The gauge invariant expression for the square of the amplitude, after summing over
photon polarizations, has the form

D

A1A2

2

et (k1)ep? (ko) MY

= MY (My)*
=2 |[MPP + -y (MO MDT 4 MO M) 4 2k k) M

2
—9 “MS” k- @M‘(})) + (k- I<:2)2|M‘(/1)|2] , (C.11)

2]
(C.12)
It is useful to note that the expressions (C.11) and (C.12) correspond to results for

or using the condition (C.8) it can be represented in the equivalent form

y . P k) (P k)2 2 Py -ky)(Py -k
M (My ) = 2 ((1 1) (P 2)> ‘MQ‘ +'M§)>_(1 DGRV

k1 - ko k1 - k1

M (My)* obtained for two different gauge choices.

C.1.2 P;-gauge

To see that, let us first consider the light-cone gauge
e(k)-PL=0, (C.13)

where k = k; or k = ko. Thus the polarization vector e*(k) having the Sudakov decompo-
sition with respect to two light-cone vectors P; and k;

E(k') . P1
Py -k

B(k) =
e (k) Pk

P+ ¢ (k) (C.14)
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can be expressed in terms of its transverse components e’i(k) satisfying the conditions
i (k)-Pr=0=¢/ (k) k as

e (k) ky
A 1
cop (C.15)

i.e.

(k2) - ka1

e(ky) = €' (k1) and €(ky) = ¢ (ky) — = Pl (C.16)
ks - Py

In this P;-gauge,

Pl'kl
Py ko

ek )en (k) ME =€) (k1) - ey (ko) MY — €1 (k1) - kayey (ko) - ko M (a7

Using that the sum over polarisations A equals

D el (k)€ (k) = =g (C.18)
A
and the expression
Pk
k31 = _2P1 : ki ky - ko (C.19)

following from the condition k3 = 0, one reproduces the expression (C.11).
C.1.3 k;i-gauge
If instead we choose the light-cone gauges

€(k2) - k1 =0 (C.20)
and

e(k1) - k2 =0 (C.21)
which implies that in the Sudakov basis (C.13)

(ka) - kay

(k) = ¢ (k1) and e#(kQ):efi(kQ)—qk ok (C.22)
2 vl

then we reproduce directly the expression (C.12), after again using the relations (C.18)
and (C.19).

The reasoning presented above is very useful for comparison of results, specially those
taking into account loop radiative corrections, obtained in two different gauges.

C.2 The general structure of tensor MZ"

In a similar way the general tensorial structure of M4"” involving trace of Dirac matrices
with 7% can be written as

(k1) (ko) MY = €,(k1)en (ko) [6“”k1k2A0 + kP A erkePr gy (C.23)

e P (B Ay + Py Ag) + 51720 (BY Ag + P' A7)
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with A; being scalar functions constructed from the independent vectors ki, ko and Pj.
Using Schouten identity

gZEpJTA + gzem')\u + gZETAVp _|_g;6>\upo +gli\€VpUT -0 (024)

contracted with the tensor Pi,€,(k1)eqs(k2)karkiy followed by separate contractions with
each independent momenta P, k1, and kg, we obtain three relations

en(kr)en(k2) —Pfe”klbp1 + l’ﬂ”e’“’“bp1 + Py - kogetRiPL _ Py oy etvRe P C.25)

[ =0«
eu(k1)en (k) [—kl L Pretvkike o pyenkikaPy kzewkﬂ’l} — 0, (C.26)
eu(k1)es (ko) [—Pl  pethike _ phevkikaPL g kQGW’“?Pl} —0. (C27)

This means that only two tensor structures involving tensor e*#7° in (C.23) are independent
and we choose as the independent tensors e’*1%2F1 and e#*1%2P1 Thus the eq. (C.23)

expressed in terms of these independent tensors has the form
6u(k1)€y(k‘2)M£y = (0.28)
pk1ka Py v (1) v r(2) vkikaPr (.07 7(3) oy r(4)

where again the scalar functions MX) depend on different Mandelstam invariants. Imposing
the gauge invariant conditions ki€, (ko) ML" = 0 = €, (k1)ko, MY%” we obtain two relations

kq - k’QMIgS) + P - k‘lMXL) =0, (0.29)
ky koMY 4+ Py koM =0, (C.30)

Thus we can represent €, (k1)e, (k2) M4 in two equivalent forms

ki -k
e ()6 (kn) MEY = €(ka)k1ka Py (6(k1) kg —e(ky) - Py Pll . k21> Mf’)

k1 - ko
Py - ko

_|_€e(k1)k1k2P1 <€(k2) k1 —e(ke) - Py ) MS) (C.31)

and
Py -k

ek )ey (ko) MEY = ¢clkalkaPy (_ e

6(/431) . kg + 6(](31-)]31) MXL)

+66(k1)k1k2P1 <_£1'Il:26(k2) Kk + G(kQ) . P1> M1(42) . (C32)
1 h2

These expressions leads to the two following equivalent forms for the square M4 (Ma,,)*

MY (M) = A(ky - k2)? ((p1 A MPR (P - k2)2|M§;°’)12) (C.33)
and
M (May)* = A(ky - P)2(ky - Py)> (|J\4£{"|2 + ny)F) . (C.34)

One can easily verify that similarly like in the case of decomposition of the vector tensor
M{/W discussed earlier the expression gauge in the eq. (C.28), whereas the expressions the
eq. (C.28).
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C.3 Relation with the present study

For our present study, the general results of the two previous subsections can be applied
after the identification

k= —qg=-n,

ky =k,

Py = pr,

P=A. (C.35)

The Pj-gauge of subsection C.1.3 is the axial gauge p - € = 0 which was used in ref. [13],
since in the collinear limit A ~ p.

D Integration over z and x

D.1 Building block integrals for the numerical integration over x

Using the same notation as in ref. [13], we list for completeness the building block integrals
which are involved in the numerical evaluation of the scattering amplitudes. For a generic
GPD f, we define

1

1
:/ e ti0@E ta( ot B8 (D-1)
1
:/1 lfa)(—§+x+ie))2f(x’§)dx’ (D-2)
LI (GEE)
/1 + af £+x+ze)) 3f(@8)de, (D-3)
()
fdm:/_l(5 e e, 0.4
1
= [ @O (.5)
1
Irlf] = B €+;Jrze.i‘(ﬂc,f)ciac, (D.6)
1
W= [ e @i, (0.7)
v (o)
W= | e . d, (D.5)
! 1
1= | sl odr (0.9)

1 1
Ll = /_1 (€rat i totio) (X talEtatio)

f(z,&)dz, (D.10)
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1 1
Llf] = /_1 (& +x +ie) (28 + a(—& + z +ie))

1 1
I [ f] :/1 (§+x+i€)(2£+@(—f+x—l—ie))2

f(z,8) dx, (D.11)

f(z, &) dx. (D.12)

This set of 12 integrals is not minimal, and can be further reduced in terms of the 6
elementary integral Iy, I., Iy, I, I, I; as follows. First,

1 o
I, = —=I.——1;. D1
a 2§- e 2§ (2 ( 3)
The other integrals simplifies when specifying the symmetry of the GPD f.
For a symmetric GPD, one gets
Ip=—1I., (D.14)
1, = —1., (D.15)
1 1 - a2
lLi=-—Fl+—>I.+—51 D.16
J 452 €+ 4@52 6+ 40[52 (2] ( )
1 - (] (]
Iy = — 1. — Iy, — 1; D.17
k 40(252 e 2a§ b 404252 (2] ( )
1 - a
L =——1.—-—1I D.18
T 2067 208 (D-18)
while for an antisymmetric GPD, one has
Iy =1, (D.19)
I, = 1., (D.20)
1 1 072
1 a «Q
I = I, — I, — ; D.22
k 40&252 € 2C¥§ b 40&262 Z 9 ( )
1 - Qo
L= —I.——1I D.2
l 20[5 e 2045 7 ( 3)

Each of the 6 elementary integral Iy, I, 14, I, I, I; is finite and is evaluated numerically,
using our models for the various involved GPDs. After computing this set of integrals, the
evaluation of the gauge invariant blocks of diagrams is straightforward using the decom-
position given in two next subsections. Below, we will not indicate the function f, since it
is obvious from the context.

D.2 Integration of gauge invariant sets of diagrams

We now present the result for the contributions of the various gauge invariant blocks of
diagrams of figure 2 in terms of the 5 elementary integrals Iy, I., I, Iy, I; after integration
over z and integration over x when multiplied by GPDs, which we denote generically as f9.
One should note that the integral I; which appears in several diagrams, does not appear
when considering gauge invariant sets of diagrams.
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D.2.1 PP part

We decompose the trace involved in a diagram diag as
triPdiag) = TEF [diag) Ta + TEE [diag) Tg (D.24)

where a prefactor C); as well as any charge coeflicient has been factorized out. We denote
the dimensionless coefficients

4ldiag] = s/ / Pldiag) ¢(2) dz f9(x, &) dx (D.25)
N2, [diag] = s / / Fldiag) ¢(2) dz f9(x, &) da . (D.26)

This is in accordance to the conventions (5.10), (5.11) and (5.6), (5.7).
For the block (AB)i23 made of diagrams A; + Ay + As + By + By + Bs we have

[(AB)lgg] =6 |: (2)[5( —a+ o )I +1€( CV)Ig—FOiLé_(Oé—O_é)If] s (D27)
NI {(AB) ] = 6|~ pia (e~ 1)+ (T~ 1) (D.25)

For the block (AB)5 made of diagrams A4 + As + By + Bj one gets

- 2—a a?—1 2 200 —
N [(AB 45| = 6 |: 1.+ I, — =1 — 4al, — 8a&l,. +
7Al(AB) 5] ”: vl o

(I — If). (D.30)

11f] . (D.29)

NgA[(ABMS} = aT@
These sums can be simplified when acting on GPDs with definite symmetries.
For a symmetric GPD, using egs. (D.14) and (D.15), we get

~ Tao — 4 — 202 a—a-
N [(AB)1g3]® = I, — Al D.31
LiAB ) = 6| —— (D31)
oa—2 1 -
Np[(AB)195]° = I L. D.32
Wl(AB ml* = 6| S ST+ ] (D.32)
and
. 2-a, a? —1 2 200—1 -
N? [(AB)ys)® = L — =1 —4aly, — 8all, — —1.|, (D.33
LAl = 6| 200 - 2 at - saer - 2] 0
6
NB[(AB)45]S = 252( et I ) (D34)
For an antisymmetric GPD, using eqs. (D.19) and (D.20), we get
N9 [(AB)1os)* = 6 | 2—2%7, + 2 —9F (D.35)
TA 123] — a€ e C_k§ el > :
_ 6 _
q a _ _ D.
NI, [(AB)123] ey (Ie — 1Ie), (D.36)
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and

- 2—« | 2 200 — 1
N2 [(AB)y4s]® = I, I, — 21, — 4al, — 8a&l,
TAl(AB)ys]* =6 ot + ot ¢lh —4aly 8akl, +
6 _
pall—1L). (D-38)

I.|, (D.37)

NIA[(AB)ss]® =
Note that only the 6 coefficients

N[(AB)123)*, ]Effx[(AB)uS]aa N[(AB)ss)", (D.39)

NL(AB)1as)®, NE[(AB)123]", NB(AB)5]"

are involved in our studied process, while the coefficients N%[(AB)45]®* and N§[(AB)4s)®
never appear, and are therefore not evaluated numerically.

D.2.2 SP part

We decompose the trace involved in a diagram diag, as
trD [diag] = ffg [diag) Ta, + ng,} [diag) Tg, , (D.40)

where a prefactor C); as well as any charge coefficient has been factorized out. We denote
the dimensionless coefficients

N}, diag] = s / / Asdiag] ¢(z) dz f4(z,€) d (D.41)
B [diag] = s / / wB5 [diag] ¢(2) dz f9(z,€) dx . (D.42)

These definition are in accordance to the conventions (5.8), (5.9) and (5.4), (5.5).
For the block (AB)i23 made of diagrams A; + Ay + As + By + By + Bs we have

12i [1 1 1
q e B - - o
N4 [(AB)12s] = oad? [ale+ 5am (2~ Oy~ 5= If} : (D.43)
12i 1 1-
q _
Nigl(AB)zs] = = [Ie+ solot 5 If} (D.44)

For the block (AB)45 made of diagrams Ay + As + By + Bs we have

8 1 2 -« 2 l1+a 4
N, [(AB)s) = 6i [ e mngl szl t gt qzg i agfb] , (D.45)
8 1 -2« 1 2 1+a 4
AB =061 |——1 Iy — 1, Iy — I — —1I)|. (D.46
7rB5[( )45] ? |: a ct 0625662 f 040_652 e T Of0_452 h 04252 ) Oég b:| ( )

These sums can be simplified when acting on GPDs with definite symmetries.
For a symmetric GPD, using egs. (D.14) and (D.15), we get

61 1 1 -
q —
N BT = g |t gzl
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Nng[(AB)Iin]S = @ |:1__2a(Ie - Ie):| ) (D47)

2| aa?
and
8 1 - 2 -« 2 1+« 4
q — Qs .

N7rA5[(AB)45]S e 6’L |:_O_(IC + Wle - 0420_452 Ie + 040_462 Ih - a2§2 Iz - aé_Ib:| 5 (D48)

8 1 —2a - 1 2 1+a 4
N2, [(AB)ys5]° = 6i |——1, — — 1, I — L — —1I,| . (D49
7rB5[( )45] ? |: 5[ Cc a20752 € ao_[é-z € + O[O_[£2 h 04252 (3 O[é- b:| ( )

For an antisymmetric GPD, using egs. (D.19) and (D.20), we get

. 6 [4-3a. -
N, [(AB)12s]" = aate? [a I — Ie:| : (D.50)
. 6 i
Nng[(AB)mB] = m [(3 —2a)l + (1 - 2a) e] ) (D.51)
and
8 1 - 2—« 2 1+« 4
N1 AB)s5|* = 61 | ——1, — . — e — I, — —1I|,(D.52
nas [(AB)ss] o [ a a?ag? a?ag? aaf2 " a2e2 af b] (D-52)
8 1—2a - 1 2 14+« 4
N1 AB)y5|* = 61 | ——1, I, — 1. I, — I, — —1I| . (D.
n; [(AB)w]" = 61 [ ot e’ T aag T aae ™ T @ ag b} (D-53)
Note that only the 6 coefficients
N3 [(AB)123]", N3, [(AB)123]", N3 [(AB)s5]7,
NE [(AB)123]", N [(AB)123]", NE [(AB)as]*, (D.54)

are involved in our studied process, while the coefficients N%[(AB)45]* and NL[(AB)4s5]®
never appear, and are therefore not evaluated numerically.

E Phase space integration

E.1 Phase space evolution

The phase space integration in the (—¢, —u’) plane should take care of several cuts. This
phase space evolves with increasing M,%W from a triangle to a trapezoid, as shown in fig-
ure 10. These two cases and the corresponding parameters are displayed in figures 11
and 12.

Let us discuss these various cuts with some details. First, since we rely on factorization
at large angle, we enforce the two constraints —u' > (—u/)min, and —t' > (—=t')min , and
take (—1)min = (—t)min = 1 GeV?. The first constraint is the red line in figures 11 and 12,
while the second, using the relation M727r +t' 4+’ =t +m2, is given by

—u/(—t) = =t —mZ + M7 — (—t)min » (E.1)

and shown as a blue line.
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0.0 0.1 0.2 0.3 0.4 0.5 0.0 0.1 0.2 0.3 0.4 0.5 0.0 0.1 0.2 0.3 0.4 0.5

—t —t —t

Figure 10. Evolution of the phase space for M2 = 1.6 GeV? (up left), MZ?, =2 GeV? (up
center), M2 =3 GeV? (up right), M2 =5 GeV? (down left), M2, =8 GeV? (down center),
M2, =9 GeV? (down right).

(_ul)maxMaX 1 5: ****************************************

0.5r 3

0-0 L L L Il L L L L Il L L L Il L L L L Il L L L L L L
0.0 0.1 0.2 0.3 0.4 0.5 —t

(_t)inf (_t)min(_u/) (_t)max

Figure 11. Triangle-like phase space, illustrated for the case of MEW =2 GeV?.

The variable (—t) varies from (—t)myin, determined by kinematics, up to a maximal
value (—t)max Which we fix to be (—t)max = 0.5 GeV?, these two boundaries being shown
in green in figure 12.

The value of (—t)min is given by eq. (A.8). In the domain of M?_ for which the phase-
space is a triangle, as illustrated in figure 11, the minimal value of —t is actually above
this minimal value of —t is given, using eq. (E.1), by

(—t)min- For a given value of M2,

(_t)inf = m72r - M’%’]‘(‘ + (_t/)min + (_u/)min s (EQ)

with (_t)min < (—t)inf .
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—Uu
(=) maxMax 3.5F
(=) maxMin 3.0%
25
2.0;
15]
(=) min 1.0}
0.5

0.9
0.0

Figure 12. Trapezoid-like phase space, illustrated for the case Mgw — 4 GeV? and Syn =20 GeV?2,

This constraint on —t¢ leads to a minimal value of M727r7 denoted as M'$7r it » When
(—t)int = (—t)max , which thus reads
M’)2/7rcrit = (_Ul)min + (_t/)min + mfr — (_t)max . (E3)

With our chosen values of (—u/)min, (—t')min and (—t')max we have Mgﬂ it = 1.52 GeV?,

below which the phase-space is empty.

For the purpose of integration, we define, for —(u/)min < —u',

(=) min(—u) = mfr — Mgw + (=) min — v’ (E4)
The maximal value of —u/, attained when —t = (—t)max , is given by
(_ul)maxMax - (_t)max - m72r + M’%ﬂ' - (_tl)min ; (E5)

see figure 11.
The phase-space becomes a trapezoid when (—t)inf = (—)min , i.6. when

o1 —m*(1+ M?)
M rans = (Syv — M?)m® 1—m2 (E.6)
where
—u/ min —t’ min 2
m2:( U,) +( ) +m7r7 (E?)

Sy — M2

and M is given by eq. (A.5).

With our choice of parameters, we get Mgwtrans ~ 2.01 GeV? in the case of SyN =
20 GeV?2.

Above this value, the phase-space is a trapezoid, illustrated in figure 12. This trapezoid
reduces to an empty domain when (—t)min = (—t)max - This occurs for

—(1 4 2M?)(—t)max + \/j—f)max((—ﬂmax +4M?)
2M?2 '

M'%ﬂ”Max = (S’YN - Mz) (ES)
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with

(_amax — (_t)max/(S'yN - M2) . (Eg)

With our choice of parameters, we get M 727r Max = 9.47 GeV? in the case of Synv =20 GeV?,
a value which decreases with decreasing values of Sy .

= M?

~ym Max and

The minimal value of S,y is obtained from the constraint Mﬁﬂ crit
equals Sy nerit >~ 4.75 GeV?2.
E.2 Method for the phase space integration

The phase space integration goes along the same line as in ref. [13]. Using the phase-space
described in the previous subsection, the integrated cross section reads

do 9

dM’%ﬂ' = G(M“/ﬂ'crit < M’gﬂ < Mgﬂtrans) (El())
(_“/)maxMax (_t)max da_
X d(—u’)/ d(—t) F(t)? '
/(_u,)min (_t)min(_u/) dM’%Tl'd(_u/)d(_t) (7t)min

+0(M37rtrans < M’%ﬂ' < M“?WM&X)

/(_u,)maXMin d( /) /(_t)max d( ) F( )2 dU ‘
X —u —t t
(_u,)min (_t)min dM'%rd(_U/)d(_t) (*t)min

/(u )maxMax d( ,) /(t)max d( ) F( )2 do ‘
+ —u —t t .
(*u/)maxMin (7t)min(*u/) dM'%ﬂ'd(_u,)d(_t) (_t)min

Using our explicit dipole ansatz for F'(t), see eq. (6.2), we obtain

do 04 2 2 2
m - ? |:9(M'y7'rcrit < M'yﬂ’ < M’yrrtrans)
(_ul)maxMax 1 1
X d(—u [ — ]
/(—u’)min : (=(Dmax = C)? (= (=Dmin(—v') = C)?

" do
dM%,rd(—u’)d(—t)

+0(M'$7Ttrans < M’%ﬂ' < M2 )

~m Max

‘ (_t)min

) { {<—<—t>mlax —0p <—E—ut,>nin = c>3]

)maxMin do-
X d(—u")
/(Ul)min dM?Z d(—u')d(—t)

' (_t)min

* /(())MM =) [(—(—wmlax O~ O 0>3]

do
* A~ ‘()H (0

which is our building formula for the numerical evaluation of integrated cross sections.
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Figure 13. Angular distribution for 7" pair production on a proton target. Up, left: S,y =
10 GeV?. Up, right: S,y =15 GeV?. Down: Syn = 20 GeV?2. In all three cases, the plots
are shown for M2, = 2 GeV” (solid blue), M2, = 3 GeV? (dotted red) and M2, = 4 GeV®
(dashed green).

F Angular cut over the outgoing photon

In order to take into account limitations of detection of the produced photon, we compute
the photon scattering angle 0 in the rest frame of the nucleon target, with respect to the
—z axis. We refer to appendix C of ref. [13] for details and only provide here the main

formulas. At fixed value of M2

Jr» we formally write

tand = f(—u'). (F.1)
From this relation, 6 being positive, one should take

for tanf > 0, 6 = arctan(tanb), (F.2)
for tanf <0, 6 = 7w+ arctan(tan@). (F.3)

For simplicity, we restrict our analysis to the Ay =0 case.
First, one has

2MS(1 + f) Dt

F.4
—a(l _|_§)252 +ﬁt2M2’ ( )

tanf = —
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Figure 14. Angular distribution for y7~ pair production on a neutron target. Up, left: S,y =
10 GeV2. Up, right: Sy =15 GeV?. Down: Syn = 20 GeV?2. In all three cases, the plots
are shown for MWQW_ = 2 GeV? (solid blue), Mjﬁ_ = 3 GeV? (dotted red) and Mﬁﬂ_ = 4 GeV?
(dashed green).

where p; =|| ||, and oo = M2, /(—u/). Eqs. (F.2), (F.3), (F.4) thus fix the function f.

Second, the two relations

where

for tanf > 0,

for tanf < 0,

(1+§+%)%tan20+a(1+\/1+tan29>
(1+&+7)%2tan6 + 2a
(1—1—{—1—%)%tan29—|—a(1—\/1+tan29)

_ F.
“ (1+&+7)2tan20 + 2a ’ (F-6)

o =

4M?2
a = TW, (F.7)
M? M?
~ — 2€ YT T YT , (FS)
14+¢ s s

combined with —u’ = aM?, provides —u’ as a function of .
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Figure 15. The differential cross section do .+ /dMir+ for yo+ pair production on a proton
target. Solid red: no angular cut. Other curves show the effect of an upper angular cut 6 for the
out-going 7: 35° (dashed blue), 30° (dotted green), 25° (dashed-dotted brown), 20° (long-dashed
magenta), 15° (short-dashed purple) and 10° (dotted black). Up, left: S,x = 10 GeV?. Up, right:
S,n = 15 GeV?. Down: S,n = 20 GeV?.

The angular distribution of the produced photon finally reads

ldo 1 do 1+ f*(—u'[d])
odf od(—u) f(—u[0]) (F.9)

The obtained angular distribution is shown in figure 13 for 4z ™ pair production on
a proton target, and in figure 14 for vw~ pair production on a neutron target. These
two angular distributions have a rather similar shape, with a clear dominance of moderate
values of 6.

In practice, at JLab, in Hall B, the outgoing photon could be detected with an angle
between 5° and 35° from the incoming beam.

The effect of an upper angular cut can be seen in figure 15 for vz pair production on
a proton target, and in figure 16 for vy~ pair production on a neutron target. This effect is
almost identical when comparing the y7™ and y7— cases. As seen from figures 13 and 14,
it mainly affects the low S,y domain. In particular, the effect of the JLab 35° upper cut
remains negligible as shown in figures 15 and 16, both for the v and y7~ cases.
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Figure 16. The differential cross section do. .- /dMgﬂ_ for yw~ pair production on a neutron
target. Solid red: no angular cut. Other curves show the effect of an upper angular cut 6 for the
out-going 7: 35° (dashed blue), 30° (dotted green), 25° (dashed-dotted brown), 20° (long-dashed
magenta), 15° (short-dashed purple) and 10° (dotted black). Up, left: S,x = 10 GeV?. Up, right:
S,n = 15 GeV?. Down: S,n = 20 GeV?.
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